Integralszamitas

ALAPFUGGVENYEK INTEGRALJAI

Hatvanyfiggvények
/ dx—/ldx—:c—i-C (konstans fv.:) 1 = 2"
:L,oz—&—l
Ydx = —1
/a: T=" +C (v # —1)
1 . 1 _
- de =In|z|+ C (reciprok fv.:) el

Ezxponencidlis fiigguények

/ex de =e"+C (altaldnos exponencidlis fv.: ) /ax dt = — +C (0<a#1)

Ina

Trigonometrikus figguények

d
/sinxd:c = —cosx + C /f =—ctgx+C
sin® x
. dx
cosx dr = sinzx+C — = tgx+C
cos? x

= arcsinx + C = —arccoszx + C

1
—d
/\/1—x2 *

1
/1—|—x2 dx = arctgx + C




INTEGRALASI SZABALYOK

/ (f(x) £ g(z)) de = /f(a:) dx + /g(a:) dx (6sszeq/kiilonbség tagonkénti integrdldsa)

/c ~flz)de =c- /f(a:) dx (allandd [konstans] szorzd kiemelése)

/f(aa:+b)dx:§F(aa;+b)+C <<:/f(x) dx:F(:c)+C’)

a+1 /

)] f(x d$:M+C a#—1 /f(a:)au:ln z)|+C
Ju@r @i =L o ot o do =l f(2)
/ef(x) f(x) de =@ 4 ¢
Parcidlis integrdlds: /f'(:z:) g(z) dx = f(z) g(x) — /f(:z:) g (z) dx
EMLEKEZTETOK
Trigonometria

9 1 + cos2a
cos“a = ———
cos’ o+ sina = 1 2
. . 9 1 —cos2a
sin « COS (v sino¢ = ———
tga = ctga = — 2
CoS (v sin « sin 2a
sina - cosa =
2
Hatvanyozis




INTEGRALSZAMITASI FELADATOK

Algebrai atalakitasok utan integralhato fiiggvények
Mintapélda :

a4+ 223 — 5 4+ Tx — 2 4
/( p —l—W—\/x\/E dr =
+4x~

7 2
:/(x2—|—2x—5+——2x2 S—at ) de=
x

1 7
3 -1 i z

=2 b2 bt Thfa -2 4 T 0=
3 -1 5 3

3

2 3
:%+x2—5x+7ln|x|—|——+12\3/_—?\?/F—i-C
x

Feladatok
2 472

/#daz: /(:z:\/E+e”)d:c:
3—x4da:— /\3/33\4/x2\5/§d:13—
NG - -
2T _ 3¢ 18 $2—9

[Fras [

/zﬁ—3x4+€/§—2
dx
T\/T

idx:
4x



Szabaly :

ff(aa:%—b)dx:%F(a:E%—b)—FC (@ff(x)dx:F(:c)jLC’)

Mintapélda :

1 2)¢ 2)6
/(3x+2)5dx:—~M+C:M+C (a=3 b=2

3 6 18
Feladatok

1
/ W 2e dx = / V2r —9dr = / (2008 — 2x)'! dx =
o5 gy — _de V6 —z dr =
(x +2)3
dx 1
dr = e L

/Mx /(2x+1)7 /\/495—3 !

2 \° 6
V1— = = =
/ z dx /(3x—4) dz /356—8d$
1 1—=x dx
/1+2x ! /g 5 NI
1 T
—2z = = 41—— =
/e dx /x—de /U Bdaﬁ

/(49”3—1)3de [T




Szabaly :

a+1
S reyde =T o g )
Mintapéldak :
8
/:p(:c2+55)7da;: %/(x2+55)7- (2% + 55)' dx = G T655) +C (=7 flz)=2%+55)
/ zlxdx: (lnx)%-(lnm)’dx:%%—C:Q IBHS:U—I—C (a:%; f(z) =Inx)
Feladatok
/:r;(:v2+2)4dx— /xvl—x2d:r;— /de—
In? x 1
/ T = /\/1+x2d:v: /:r; lnxdx:
/ex\/Q—eI dx = / c dx = /:U2 Vi(x3 —=1)5de =
e’ —1
/ dz / dx B
zv/1—Inx v{/(2—Inz)®



Szabaly :

fj;ég dr =1In|f(x)|+C
Mintapélda :
/xfj_gda;:é/(i)ig;/ dx:%1n|a:5+3‘+0
Feladatok
/1%2—3;302 dr = /1fez B /;1:111;5 dr =
[5ne= [imes [amse



Szabaly (Parcidlis integrdlds) :

J (@) g(x) do = f(x)g(x) = [ f(z) g'(x) da

Mintapélda :

/xem dr = /x(ez)’ dr = ze® — / (x)e® dr =
=ze’ — /63” dz

=gt —e 4+ C

Feladatok

/xlnx dr = /(3x—4)ew dx /xe_% dx =
Inx

Inx dr = de: log, x do =

/a:sinxd:v— /excosxd:v— /arctga:dx—



Vegyes feladatok

/vﬁdh

/ ze® dr =
/ re® dr =

/ In(2z — 3) do =

72
/ dr =
V1—a3

/xe_%da::
1
dr —
/a:ln33: v
/xexdx:

/\/e_xdx:

/lgxdx:
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