
Integrálás

Alapfüggvények integráljai

Hatványfüggvények.∫
xα dx =

xα+1

α + 1
+ C (α 6= −1)

∫
dx

x
= ln |x|+ C

Exponenciális függvények .∫
ex dx = ex + C

∫
ax dx =

ax

ln a
+ C (0 < a 6= 1)

Trigonometrikus függvények.∫
sinx dx = − cosx+ C

∫
dx

sin2 x
= − ctg x+ C

∫
tg x dx = − ln |cosx|+ C∫

cosx dx = sinx+ C

∫
dx

cos2 x
= tg x+ C

∫
ctg x dx = ln |sinx|+ C

Racionális törtfüggvények.∫
dx

1 + x2
= arctg x+ C∫

dx

1− x2
=

1

2
ln

∣∣∣∣x− 1

x+ 1

∣∣∣∣+ C =

{
arthx+ C (|x| < −1)

arcthx+ C (1 < |x|)

Irracionális függvények.∫
dx√
x2 + 1

= arshx+ C = ln(x+
√
x2 + 1) + C∫

dx√
x2 − 1

= arch x+ C = ln(x+
√
x2 − 1) + C (1 < x)

Hiperbolikus függvények.∫
shx dx = ch x+ C

∫
dx

sh2 x
= − cthx+ C

∫
thx dx = ln |chx|+ C∫

chx dx = shx+ C

∫
dx

ch2 x
= thx+ C

∫
cthx dx = ln |shx|+ C



Integrálási szabályok∫
f(x)± g(x) dx =

∫
f(x) dx±

∫
g(x) dx∫

c · f(x) dx = c ·
∫
f(x) dx∫

f(ax+ b) dx =
1

a
F (ax+ b) + C

(
ha

∫
f(x) dx = F (x) + C

)
∫

[f(x)]α f ′(x) dx =
[f(x)]α+1

α + 1
+ C (α 6= −1)∫

f ′(x)

f(x)
dx = ln |f(x)|+ C∫

ef(x) · f ′(x) dx = ef(x) + C∫
f ′(x) g(x) dx = f(x) g(x)−

∫
f(x) g′(x) dx (parciális integrálás)

R(sin x, cos x) alakú integrál.

t = tg
x

2
dx =

2

1 + t2
dt

sinx =
2t

1 + t2
cosx =

1− t2

1 + t2
tg x =

2t

1− t2
ctg x =

1− t2

2t
helyetteśıtendő

R(x,
√
±x2 ± 1) alakú integrál.

R(x,
√
x2 + 1)x =⇒ x = sh t vagy x = tg t helyetteśıtendő.

R(x,
√
x2 − 1)x =⇒ x = ch t vagy x = sec t helyetteśıtendő.

R(x,
√

1− x2)x =⇒ x = sin t vagy x = cos t helyetteśıtendő.
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